
ICIC Express Letters ICIC International c⃝2017 ISSN 1881-803X
Volume 11, Number 3, March 2017 pp. 665–671

NONLINEAR CONTROL OF THREE-PHASE BOOST RECTIFIER
BASED ON STATE ERROR HAMILTONIAN SYSTEMS

Haisheng Yu, Jinpeng Yu, Yu Gu and Peijie Hu

College of Automation and Electrical Engineering
Qingdao University

No. 308, Ningxia Road, Qingdao 266071, P. R. China
yu.hs@163.com

Received August 2016; accepted November 2016

Abstract. The output direct current (DC) voltage control and power factor regula-
tion of three-phase boost rectifiers are developed based on the state error port-controlled
Hamiltonian (PCH) system. First of all, the PCH model is established for the recti-
fier. Then, a desired state error PCH structure is assigned to the closed-loop control
system of the rectifier. The desired Hamiltonian function is given based on the energy-
shaping. The controller is designed through interconnection assignment and damping
injection. The feedback control problem is reduced to the solution of the partial differen-
tial equations. Moreover, a proportional integral (PI) regulation is used to eliminate the
steady-state error of the output DC voltage. Consequently, the zero reactive current and
unity power factor are achieved for the rectifier. Finally, compared with the conventional
voltage-oriented control, the proposed control method has good dynamic and steady state
performances. Simulation results illustrate the effectiveness of the proposed controller.
Keywords: Nonlinear control, Rectifier, State error, Hamiltonian systems, Energy-
shaping

1. Introduction. The three-phase pulse-width modulated (PWM) rectifiers are viewed
as green power electronic equipments which possess attractive features such as nearly
sinusoidal input current and unity power factor [1]. The traditional control strategies, for
instance, voltage-oriented control (VOC) [2], current control [3], and direct power control
[4] have been successfully applied to control of the PWM rectifiers.

With the development of advanced control methods, such as prediction control [5],
without current sensors method [6], and adaptive control [7] they have been developed
for three-phase boost rectifiers. In recent years, energy-shaping (ES) and port-controlled
Hamiltonian (PCH) system control have attracted lots of attention [8,9]. The three-phase
boost rectifiers are typical unity of energy and signal conversion. Applying energy-shaping
and space vector PWM (SVPWM) technology, the PCH control methods of the motors
have been studied [10-12]. In this paper, the output direct current (DC) voltage control
and unity power factor regulation of three-phase boost rectifiers are developed based on
the state error PCH system principle. The feedback control problem is reduced to the
solution of a partial differential equation (PDE). In order to eliminate the steady-state
error of the output DC voltage, the proportional integral (PI) control is also added to the
system.

The paper is organized as follows. Section 2 presents the PCH model of three-phase
boost rectifier. Section 3 develops the control of three-phase boost rectifier and describes
the SVPWM implementation of the controller. Section 4 shows the comparative studies
and simulation experiment results. At last, some conclusions are given.

665



666 H. YU, J. YU, Y. GU AND P. HU

2. The PCH Model of Three-Phase Boost Rectifier. The port-controlled Hamil-
tonian systems can be expressed as [8]

ẋ = [J(x, µ) −R(x)]
∂H(x)

∂x
+ g(x)u (1)

where x is state vector, u is input vector and µ is the PWM duty ratio function of the
rectifier. The matrix R(x) = RT (x) ≥ 0 represents the dissipation and matrix J (x, µ) =
−JT (x, µ) represents interconnection structure. The matrix g(x) is input function and
H(x) is Hamiltonian function.

The three-phase boost rectifier topology is shown in Figure 1, where ea = Em sin(ωt),
eb = Em sin

(
ωt− 2

3
π
)

and ec = Em sin(ωt + 2
3
π) are input voltages, C is the DC-side

filter capacitor, r and L denote the resistance and inductance, respectively, and RL is the
resistive load. The switching functions si = si(t) ∈ {0, 1} (i = a, b, c).
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Figure 1. The main circuit schematic diagram

The mathematical model of the PWM rectifier in the d-q synchronously rotating refer-
ence frame can be expressed as [1]

L
did
dt

= ed − rid + ωLiq − µdudc

L
diq
dt

= eq − riq − ωLid − µqudc

C
dudc

dt

= (µdid + µqiq) −
udc

RL

(2)

where µd and µq are the duty ratio functions, ed =
√

3
2
Em, and eq = 0.

The state vector and input vector are defined as

x = [ x1 x2 x3 ]T = [ Lid Liq Cudc ]T , u =
[
ed eq

]T
(3)

Hamiltonian function is given by

H(x) =
1

2
xTD−1x, D = diag(L,L,C) (4)

Then the system (2) can be written in the form of system (1), that is

J(x, µ) =

 0 ωL −µd

−ωL 0 −µq

µd µq 0

 , R(x) =

 r 0 0
0 r 0
0 0 1

RL

 , g(x) =

 1 0
0 1
0 0

 (5)
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3. The Control of Three-Phase Boost Rectifier.

3.1. The control principle of the system. The final design objective of the PCH
system (1) is to find a feedback control µ = β(x) so that the closed-loop dynamics is a
state error PCH system with dissipation.

Theorem 3.1. For the PCH system (1), given H(x), J(x, µ), R(x) and g(x), let x0 be a
desired equilibrium point, x̃ = x− x0 be the state error, and µ̃ = µ− µ0 be the duty ratio
error function. If we can find Hd(x̃), β(x), Ja and Ra, satisfying

Hd(0) = 0, Hd(x̃) > 0 (∀x̃ ̸= 0) (6)

Jd (x̃, µ̃) = J (x̃, µ̃) + Ja = −JT
d (x̃, µ̃) , Rd (x̃) = R (x̃) +Ra = RT

d (x̃) > 0 (7)

µ = β(x) (8)

and the closed-loop PCH system (1) with µ = β(x) takes the state error PCH form

·
x̃ = [Jd (x̃, µ̃) −Rd (x̃)]

∂Hd (x̃)

∂x̃
(9)

Then, x̃ = 0 is asymptotically stable equilibrium point of the closed-loop system (9),
and the state x does converge to the desired equilibrium x0 as t tends to infinity.

Proof: From (7), the following expressions are obtained[
∂Hd (x̃)

∂x̃

]T

Jd (x̃, µ̃)
∂Hd (x̃)

∂x̃
= 0 (10)

Along with the trajectories of the system (9), the time derivative of Hd (x̃) is

dHd (x̃)

dt
=

[
∂Hd (x̃)

∂x̃

]T ·
x̃ = −

[
∂Hd (x̃)

∂x̃

]T

Rd (x̃)
∂Hd (x̃)

∂x̃
< 0 (11)

Therefore, the system (9) is asymptotically stable at equilibrium point x̃ = 0, and the
state x does converge to the desired equilibrium x0, as t tends to infinity.

Theorem 3.2. For the system of Theorem 3.1 in closed-loop system with µ = β(x). If

J (x̃+ x0, µ̃+ µ0) = J (x̃, µ̃) + J(x0, µ0) − J(0, 0) (12)

H(x) =
1

2
xTD−1x, Hd (x̃) =

1

2
x̃TD−1x̃ (13)

and feedback control µ = β(x) satisfying

g(x)u = [Ja −Ra − J(x0, µ0) + J(0, 0)]D−1x̃− [J (x̃, µ̃) − J(0, 0)]D−1x0 + g(x0)u0 (14)

Then, the closed-loop system can be expressed as the form of Equation (9).

Proof: Since x̃ = x− x0. Thus, x = x̃+ x0. Substituting into (1), we get
·
x̃ = ẋ− ẋ0 = [J (x̃, µ̃) + J(x0, µ0) − J(0, 0) −R]D−1x̃

+ [J (x̃, µ̃) − J(0, 0)]D−1x0 + g(x)u− g(x0)u0

(15)

Let

ψ = − [Ja −Ra − J(x0, µ0) + J(0, 0)]D−1x̃

+ [J (x̃, µ̃) − J(0, 0)]D−1x0 + g(x)u− g(x0)u0

(16)

Then, Equation (15) can be written as

·
x̃ = [Jd (x̃, µ̃) −Rd (x̃)]

∂Hd (x̃)

∂x̃
+ ψ (17)

Obviously, Equation (14) ensures that ψ = 0, and Equation (9) holds.
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3.2. Controller design. The control objectives of the three-phase PWM rectifiers are

as follows: (i) The output DC voltage tracking control, and Vdc >
√

3
2
Em; (ii) The unity

power factor regulation, namely, iq0 = 0.
At steady state, x1 = x10 = Lid0, x2 = 0, x3 = x30 = CVdc. According to (2) and

iq0 = 0, id0 can be calculated
√

3
2
Em − rid0 − µd0Vdc = 0

ωLid0 + µq0Vdc = 0

µd0id0 − Vdc

RL
= 0

(18)

id0 =
1

2


√

3
2
Em

r
−

√
3E2

m

2r2
− 4V 2

dc

rRL

 , µd0 =

√
3
2
Em − rid0

Vdc

, µq0 = −ωLid0

Vdc

(19)

x0 =
[
x10 x20 x30

]T
=

[
Lid0 0 CVdc

]T
(20)

The desired Hamiltonian function of closed-loop system is given by

Hd (x̃) =
1

2
(x− x0)

TD−1(x− x0) (21)

Ja =

 0 ja12 ja13

−ja12 0 ja23

−ja13 −ja23 0

 , Ra =

 ra1 0 0
0 ra2 0
0 0 ra3

 (22)

Since g(x)u is a constant and g(x)u = g(x0)u0, according to (14) we obtain

[Ja −Ra − J(x0, µ0) + J(0, 0)]D−1x̃− [J (x̃, µ̃) − J(0, 0)]D−1x0 = 0 (23)

Then, the controller equations are

µd = µd0 +
1

Vdc

[ra1(id − id0) − (ja12 − ωL)iq − (ja13 + µd0)(udc − Vdc)] (24)

µq = µq0 +
1

Vdc

[(ja12 − ωL)(id − id0) + ra2iq − (ja23 + µq0)(udc − Vdc)] (25)

and the assignment equation is

(µd − µd0)id0 = −(ja13 + µd0)(id − id0) − (ja23 + µq0)iq − ra3(udc − Vdc) (26)

Substituting (19) and (24) into (26), we get

(ja23Vdc − ja12id0)iq + ra1id0(id − id0) + ra3Vdc(udc − Vdc)

+(ja13 + µd0)(idVdc − id0udc) = 0
(27)

To make Equation (27) always hold, parameters are matched as follows

ja23 = jaid0, ja12 = jaVdc, ra1 = ra3 = 0, ja13 = −µd0

where ja is interconnection parameter, and ra2 is positive damping parameter.
Consequently, from (24) and (25) we obtain the control laws µd = 1

Vdc

[√
3
2
Em − rid0 − (jaVdc − ωL) iq

]
µq = 1

Vdc

[
−ωLid0 + (jaVdc − ωL)(id − id0) + ra2iq − id0

(
ja − ωL

Vdc

)
(udc − Vdc)

] (28)
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3.3. The PI regulation of output DC voltage error. The parasitic elements and
parameter inaccuracies may lead to an incorrect id0 and cause steady-state error of output
DC voltage. Therefore, the PI control is used to eliminate the steady-state error of output
DC voltage. Assume new equilibrium is taken as i∗d0, that is

i∗d0 = id0 + ∆id0, ∆id0 = −kp(udc − Vdc) − ki

∫ t

0

(udc − Vdc)dt (29)

The control laws with PI regulation can be expressed as µdi = 1
Vdc

[√
3
2
Em − ri∗d0 − (jaVdc − ωL)iq

]
µqi = 1

Vdc

[
−ωLi∗d0 + (jaVdc − ωL) (id − i∗d0) + ra2iq − i∗d0

(
ja − ωL

Vdc

)
(udc − Vdc)

] (30)

3.4. The SVPWM implementation of the controller. The SVPWM needs reference
voltage vector component in αβ coordinates.

νdi = µdiudc, νqi = µqiudc (31)

In Figure 1, νdi and νqi are values of νa, νb and νc in the d-q frame respectively. Then,
we get [

uα

uβ

]
=

[
cosωt − sinωt
sinωt cosωt

] [
νdi

νqi

]
(32)

Therefore, the pulse signals which drive six IGBT switches can be generated by SVPWM
signal transformation.

4. The Comparative Studies and Simulation Experiment Results. The circuit
parameters: Em = 80V, f = 50Hz, L = 15mH, r = 1Ω, C = 2200µF, RL = 80Ω,
Vdc = 200V. The controller parameters: ja = 1, ra2 = 50, kp = 0.8, ki = 0.03.

Figure 2 shows the waveform of the output DC voltage under the PCH control with
PI regulation. At t = 0.125s, the load resistance changes from 80Ω to 40Ω. The output
voltage steady-state error is eliminated quickly. Figure 3 shows the waveforms of ua and
ia. The ia is not only sinusoidal wave, but also the same phase as the ua.

Figure 4 gives the waveform of the output DC voltage. At t = 0.125s, Vdc changes from
200V to 150V. The actual voltage tracks Vdc rapidly without steady-state error. Figure 5
shows the waveforms of ua and ia. At steady-state, the ia is the same phase as the ua.

The existing VOC is a classical control method [2]. In order to compare the proposed
control algorithm and the VOC, the VOC simulation experiments have been carried out.
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Figure 4. Curve of udc when
Vdc changes
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ia when Vdc changes
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Figure 6. The udc curve of
VOC when load changes
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Figure 7. The udc curve of
VOC when Vdc changes

The parameters of two PI regulators are kip = 3, kii = 1.1; kvp = 0.25, kvi = 0.15. Figure 6
shows that transient process of output DC voltage is longer when load resistance changes
from 80Ω to 40Ω at t = 0.15s. Moreover, Figure 7 shows that the output DC voltage
response of the VOC is very slow when Vdc changes from 200V to 150V at t = 0.15s.

5. Conclusion. In this paper, the high performance control of three-phase boost rectifier
is presented based on the state error PCH control and the energy-shaping principle. The
PCH system model is established for the PWM rectifier. The desired state error PCH
system structure is assigned to closed-loop control system. The controller design problem
is reduced to the solution of a set of partial differential equations. Although the solving
of the PDE is very difficult, we can transform the PDE into a set of ordinary differential
equation through energy-shaping and interconnection assignment and damping injection.
Moreover, the PI regulation is added to eliminate the steady-state error of the output DC
voltage. The proposed control algorithm has good output voltage tracking control and
unity power factor regulation performances. The further potential study trend is the load
disturbance attenuation and parameters adaptive control.
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